Precalculus — 11.1 Notes

The Fundamental Counting Principle, Permutations, and Combinations
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Fundamental Counting Principle:
* If event M can occur in m ways and event N can occur in n ways, then event M followed by
event N can occur in m -n ways.

e If you are making a sandwich and there are three types of bread, five types of meat, and four
types of cheese available and you choose one type of bread, one type of meat, and one type
of cheese, there are 3-5-4 =60 different sandwiches you can make.

Examples:

a) How many possible locker combinations are available if each combination consists of three numbers
between 1 and 50?

D0-D0- 20 = 2D 000

b) How many license plates consisting of three numbers followed by three letters are possible if
numbers and letters can be repeated?

(O [0-10- K626 = |F DH,,000

—_— — — — = =

c) There are eight true-false questions on a quiz. How many different answer combinations are
possible? 2 possinilifies for eacwn guestion

DA AL AV A-L=Q®=25¢

d) A golf club manufacturer makes drivers with 4 different shaft lengths, 3 different lofts, 2 different
grips, and 2 different club head materials. How many different combinations are possible?

4:2-22=4%

e) For a college application, George must select one of five topics on which to write a short essay. He
must select a different topic from the list for a longer essay. How many ways can he choose the
topics for the two essays?

5.4 =20
7 N
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f) Abby is registering at a website. She must create a password containing 6 different numerical digits.
How many possible passwords are there?

1098365 = 15,200

g) How many ways can 9 books be arranged on a shelf?
9 pessiole locations for o ook, 8 Lo Second bk, F for twivd sk, , L= nindh baslk

4.8 F 654D+ = 9! = 30, BAO
Permutation: An arrangement of a group of objects in a certain order. In a permutation, order matters.

Factorial: The symbol n!, which is read as “n factorial” is defined as follows:
0'=1 1'=1 21=2-1 31=3.2-1 4'=4-3-2-1 n!=n-(n—1)-...-3-2-1

* The number of ways of arranging n distinct objects is n!.

Example: How many ways can you arrange the letters in BINGHAM?
F lettevrg

Tl =20410D

* The number of ways of arranging n objects of which p of them are repeated and g of them are
!

r'l' . This rule can be extended to any number of repeated objects.

p:q:

repeated is

Examples:
a) How many ways can you arrange the letters in ALGEBRA?

=+ leders, L Ag
7
a1
b) How many ways can you arrange the letters in MISSISSIPPI?
11 lefters, 4Ts, 4 Ss, 2 &
1
Al 2t

* The number of ways that a subgroup of r objects from a set of n distinct objects can be

(n—.r)!

Examples: Calculate the following.

a) P = !l Gl boh_ 9l 9l Ok = BL ‘_\%! &
ol

Ce-dt <1 (a-D! S (-2

é%/ M 74 ?{ 71}1 = alz 40,290

=?>c>a4

- 252D

SECY WL o)

arranged is given by P = . This is also sometimes written as P(n,r).

iR

i
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* Notice that all permutation problems can also be solved using the Fundamental Counting
Principal!

Examples:
a) Sixteen teams are competing in a soccer tournament. Gold, silver, and bronze medals will be
awarded to the top three teams. In how many different ways can the medals be awarded?

!

| _ . =23 o e 12 | 4 =2334p
« s Qe 0 & S 3 3

b) A club with thirty members is selecting officers. In how many ways can they select a president, a
vice president, a secretary, and a treasurer?

(
’boP 50 = * 53,0 OF ?}O';ﬁ . 9—_@_‘ 9_1- = GCDSHTFTRRO
47 (3o-)! P we < T

¢) In how many orders can a student read six books selected from a list of nine possibilities?

(
N ik = = LO4RO o 923654 - (o,480
(1-G)., lsb 2nd 20 Gtk St (ot

Combination: A selection of objects in which order is not important.

* The number of subgroups of r objects that can be selected from a group of n distinct objects
'

n!
(n—r)ir!

Examples: Calculate the following.

is givenby C, = . This is sometimes written as C(n,r) or (’:)

{ (
a) (C, = G! - Gl b)9C4r_ﬁ.I :G“ ) C, = 6 (= l
ZEEIEY (3Pl st (o) &, olal
- b-S A ZF X - 15 - Q-8 F - S H-ZF2HA = |
AN A | Subx st 3.2
Examples: = QA0
a) How many different groups of four students can be created from a class of 30 students?

30!
%Ocq TR

= A, 405

b) How many different hands of five cards can be drawn from a standard deck of 52 cards?

5l
5&65: 4?‘!6‘,

¢) In astandard deck of cards, there are four suits: clubs, diamonds, hearts, and spades. Each suit has
13 cards. How many hands of five cards consist of three clubs and two diamonds?

C\%Cg ‘ C\%C 9.3 = &Q,EO%

™ A
# pf govps * 0§ grooes

o5 A eloos 6% 2 Aiamonds

Z 2,999,960
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